1. Let w(z) be meromorphic in I z I < R (C co) and n(r, a) be the number of zero points of w(z) -a in z < r and where C is a constant, which is determined by lim (m(r, a) + N(r, a)) = 0.
r--~o Then T(r)=m(r, a)+N(r, a) is independent of a, which is the Nevanlinna's first fundamental theorem.
Let nl(r, 0), n1(r, co) be the number of zero points and poles of w'(z) in z < r and n1(r) = nl(r, 0) --nl(r, co) + 2n(r, co) > 0, N1(r) _ r nl(r) -n1~0) dr+ nl(0) log r, o r Then NEVANLINNA'S SECOND FUNDAMENTAL THEOREM :
where the remainder term 2(r) satisfies the following condition : (i) If R = oo 9(r)=0(log r+ log T(r)),
outside intervals Iv, such that rk-1 dr < co (k > 0). r !2(r) (1_r)1 k-dr < 0 clog T(r) (1-r)k-1 dr (k> 0). (111)1) ro yo (I) and (II) was proved by Ahlfors2' very elegantly. In this note, we will give a simple proof of (I') and (II') by Ahlfors' method. Proof of (I') and (II'). Ahlfors proved in the paper cited, 2r =1 to x(r) + 0 log T(r) ,
2 27r where w'(reie) I 2 w reie d8
where C is a constant, which is determined by, (i) First we will prove (I'). By (1), to prove (I'), it suffices to prove that r log x(r) dr< 0 (~r log T(r) dr (k> 0 y _ J1 r
We will deduce (3) 
(n > 2), log x(r)dr, r j n log x(r)dr < nr + r log (T(r+i) n+A).
n n 1 n-1 2 2 J rn+2 log T(r)+A dr~ 4r +2 log (T(r+1)+ n A rn+1 r log (T(r +i)+A), 
k__ r k+~ 2 1 o rr Hence we have (3).
(ii) Next we will prove (II').
First suppose that k > 1, then by (4), we have for 1 <_ r <1, 2 rn log x(r) dr__< n + 1 log T(rn+i)+A ,
cr11 log x(r) (1--r)k-1 dr_C (1_1)k1 rn--rn log x(r) dr
so that r n log h(r) (1 -r)' k-dr
2n \1-r+2/ nr11+1 Since iI-r+r/2'' -rn_1 _ ~~ 8 1-r11+2 1-r+r/2'~+2 '
rn log x(r) (1-r) k-1 dr 4n +8k frn+2 log (T(r)+A) (1-r)k-1 dr.
rn-1 2n 'r11+1
From this we have c log x(r) (1_r)k1 `dry 0 (~r0g l(T(r)±A) (1--r)k-1 dr .
ro ro
Similarly we have the same relation, if 0 < k < 1. Hence from (10), we have (II').
REMARK. In case R= co, we have from (5), r sh(y) dr _< 0 r lob kT(r) dr (k>0). r ~k+1 -' r y+1 2 2 Mathematical Institute, Tokyo University.
